
Knot Floer Homology of Left Hand Trefoil

Here we are finding CFK -
,
which is an Elegy- if -module

① Start with a doubly - pointed Heegawd diagram .

② Verify this actually is a Heegawd diagram for LHT. . .

Connect w to 7 avoiding a circles,
pushed into It

, . Connect z to w
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⑤ Count holomorphic disks
g= , Gus)

K=/ (# baupinh)

" """→

We have
.
. .

• one from a to b containing 2- Of
• one from c to b containing W 4

So
. . -

Tra--b

Jc -- Ub
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④ Determine the relative Maslow greetings

Formula Mex) -MCy2=mC0) - 2,79 nwo. CoD=

In our case nw↳)=o help) = I
⇒

Nw (4) =L nzcx)⇒

Mca) - Mlb) =µloD - 2 nw CoD

= p - O

= f

Mcc ) - mcbj-ucys-2nwl.lu)

= I - 2

= - I

⇒ Mca) - Mlb) = Mlb) - Mcc) = I



⑤ Determine the relative Alexandr gndizs

Formula A- Cx) - Acy) = is
,

nai CoA - :& nwo. cod
=

In our case
=

'

A-Ca) - Acb) = na CoD - nw lol)

= I - O

= I

A- (o) -ACS = n z
(Y) - nuCe)

= O - I

= - I



⑥ Remove the indeterminacy of th Maslow glory
by looking at CFKCH) . The homology is

1¥53) I It in degree O .

Since CFKGt) only cooks at

disks which miss w
,
we have

a one from a to b containing Zoonefnmctobcontuini.mg#

So
. . -

Tra--b

2X 2c=O

So the homology is

It cb.es/cb> E Htc>

So we set c to have Maslow girding 0 .



⑦ Use the theater polynomial
by Ct) = t - I + t

' ' to remove

the indeterminacy in th Alexandr gentry,
since we require

§ C-Dd rank Htkdck,r) -tr = IS,dt)
= Csymmetrized

From the above
,
a was the biggest

and the relative values give anything else . . - -

Summarizing , we have
See the computation

M A of HIK below
. ..

a 2 I

b l o

C O - I



⑧ Plot CFK -

j -- Alexandr
^

•
-

U
-Za .

'

• •

f-
'
a u

-2b

•
a

•-

offu- ' b u
-2e

( • •e-• 2
Ua b u

- '
c

-lL ou power

fun out
•
c

•I •

,

.

Wb Uc

/
@

vic

V

2 a = b

U decreases Alexandr by I
2 C = Ub



⑨ We can specialize to CF K
-

To do this
,
consider the pairs fx, i , it above

with TEO

j- Alexandr

^

•
a

< •

na
•Btb 2

fun 154 " "Tom

•E. a.
.

'

/
⑥

vic

V

Note : Ker is Elvis 's , Ua- c>
im is Itai Cb >

Homology is Ffu] E Faiella - c>



④ Compute HFK
-

by looking at Alexandr
filtration

. . . @ introduce the z- base point)

° Intersection points x c- TanTp with

A- CX) Ej form a subcomphx FCK, j) C CFK
-

a thud chin homotopy type is knot inman

• Filled isomorphism type depends on drag'm

✓= Alexandr
.
.

^

•
a

C •

na
•
b

I

•
÷

.:§ i-- u
-

pine

.

.

was a. Basically , each Ilk, ;) is a horizontal the
'

•
and we ignore what

arrows .. . .
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V HEk-EETu3ea>aFcb>÷



④ Can do the same for Ctn
.
.
. compute HFK

which is the homology of th associated

graded writ . to Alexandr filtration
* Pins down

Associated girded of Cte is A-grading .

° . let x be
°

.

.

. the Alexandr
Elisa-127/56,2) O girding of gnerhr

A
. - -

FCK,athletic , as O

FCK
,DIECK , a- i) IF <a>

F(kid-DECK
, a.a Fsb> I

FCK't-27/56,2-3) Fec> So a must

FCK, a-331 ECK, ay, O
be 1 to

.

. agree with th
/ I

'
i Euler her property .

GEEK = Tt ca> or Ecs> a Fcc>

( 1,2) ( O, i) C- I , o) CA , m)

^
n

HFK = #Corina since differentials on geek are themed .. -



④ Compare this to duct) = t - It t
' '
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